Abstract. In this paper we consider functions of and we de…ne integral operators denoted by F ; and G ; using by , then we proved su¢ cient conditions for univalence of these integral operators.
Introduction
Let A be the class of functions f of the form f (z) = z + 1 X n=2 a n z n which are analytic in the open unit disk U = fz 2 C : jzj < 1g.
We denote by S the subclass of A consisting of the functions f 2 A which are univalent in U .
Let de…ned by (z) = (1 ) f (z)+ zf 0 (z) for z 2 U; f 2 A and 0 1. We consider the integral operators 
for 2 A; 0 1 and for some complex numbers : In the present paper, we obtain new univalence conditions for the integral operators F ; and G ; to be in the class S:
Recently the problem of univalence of some generalized integral operators have discussed by many authors such as: (see [2] - [8] , [10] , [14] - [16] 
Preliminary Results
To discuss our problems for univalence of integral operators F ; and G ; , we recall here some results. Re zf 00 (z)
for all z 2 U; then for any complex number ; Re Re , the function
is in the class S [12] .
Theorem 3. If the function g is regular and jg (z)j < 1 in U , then for all 2 U and z 2 U the following inequalities hold:
In here, the equalities hold only in the case g (z) = " z+u 1+uz where j"j = 1 and juj < 1 [9] . Remark 1. For z = 0 and all 2 U , from inequality (2.1) we obtain
and, hence
Considering g (0) = a and = z, then 
is regular and univalent in U [11] .
If
for all z 2 U and the constant j j satis…es the condition
Main Results
Theorem 6. Let 2 C, Re 1 and a regular function in U ,
for all z 2 U , then the function (1.1) is regular and univalent in U .
Proof. Let's consider the function g (z) =
where K is a real positive constant. Applying Theorem3 and Remark1 to the function g, we obtain
and hence, we have
Let's consider the inequality
Considering jzj = r; r 2 (0; 1) and 2 ja 2 j = p; p > 0, the inequality (3.3) becomes
We note that 1 r 2 r [Kr + (1 + ) p] > 0 (3.5) for every K > 0; p > 0; r 2 (0; 1) and 0 1: Using (3.5) the inequality (3.4) becomes
Let us consider the equation
with the unknown K. From (3.6) we obtain
(3.7) For every p > 0; r 2 (0; 1) and 0 1 the following inequality holds
Using (3.7) and (3.8) it results that K 1 ; K 2 are real solutions. Considering a = 1 r 2 ; a 2 (0; 1) and b = pr; b > 0 from (3.7) we get it results that 1 (1 + ) ab < 0, so that
is real negative solution. Clearly,
is real positive solution. In this case, for K 2 (0; K 2 ] the inequality (3.3) is veri…ed.
Case 2. For ja 2 j < 1 2(1+ )r(1 r 2 ) it results that 1 (1 + ) ab > 0: Let's prove that K 1 < 0: Supposing that K 1 > 0, we obtain 4 (1 + ) ab (1 a) < 0 the fact which is false. It results that K 1 < 0: We note that K 2 > 0, and the inequality (3.3) is veri…ed for K 2 (0;
Case 3. For ja 2 j = 1 2(1+ )r(1 r 2 ) using (3.9) we obtain
and the inequality (3.3) is veri…ed only for K 2 (0; K 2 ] where
Considering equality (3.1) in conclusion for ja 2 j, r stable and K 2 (0; m (r)], the inequality (3.3) is veri…ed and using (3.2) it results that
From (3.10) and Theorem1 in the case = 1 we obtain that the function F ; (z) is regular and univalent in U .
Theorem 7. Let be a complex number and the function
then the function G ; is univalent in U . where the constant j j satis…es the inequality (3.12) . The function p is regular in U and from (1.2) and (3.13) we have
Using (3.14) and (3.11) we obtain jp (z)j < 1 for all z 2 U and jp (0)j = 2 (1 + ) ja 2 j. When Remark1 applied to the function p, it gives 1 j j Remark 2. Taking = 0 in Theorem6 and Theorem7, we obtain Theorem4 and Theorem5, respectively.
If we take = 1 in Theorem6 and Theorem7, we have the following corollaries. 
